Let A be a set of distinct non-negative integers, and A(n) the number of positive integers not greater than n in A. Then the Schnirelmann density a of A, referred to below simply as density, is defined as The a+ß hypothesis, first proved by Mann [3] ,2 states that, if A and 73 each contain 0, then (1) y ^ min (1, a + ß).
Erdös and Niven [2] state that (1) is "a best possible result" without giving details. It is shown below that, under the above conditions, and for any pair (a, ß), there exist sets for which the equality sign holds in (1). igso] schnirelmann density 593 ß respectively, such that the density y of C is given by (2) y = min (1, a 4-ß).
Proof. For every »>0, let o" be the least positive integer not greater than ct n\. Then One may ask whether it is possible to weaken the condition that A and B both contain 0 and still to have (1) . In this connection, we have the following result. which contradicts (1) . Similarly, F contains 0. Finally, we note that (1) cannot be improved by requiring A and B to contain certain finite sets in addition to 0. This follows immediately from Theorem 1, with the observations that the densities of the sets A and B used in the proof would be unchanged by the addition of finite sets, and that (4) would remain valid for sufficiently large n, implying (5) and (6).
